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\Jh3 num\:’ering should shart o} zero

To dencte the subsequence o? natural numbers
2,3,...,12 without the pernicious Yhree dots, {:c‘aur
conventions are open o us:

a) 2€ ¢ <13
1Y) 1< ¢ 12
c) 2% ¢ £ A2

d) 1< ¢ <13

QOre there reasons to Fr‘e?er‘ one convention Yo
he other? Yes, there are. TThe dbservalion thal
conventions o) omd b)) hove the advontzae Yhal
)he di erence be\ween -\—he \Oounds os menacneé
equ.o.\s Fhe lenaﬂ-n o? the Su\::aecluence s valid.
So s the observakion thal,as o comsequence,
in ether convention Ywo subsequences are ad-

Jacew\ means that the wpper bound o{) Yhe one
Q.O\ua\s '5'\'1e \ower \Ooumcl o? ‘H’\e 03’\16:*. Va\icl Qs

Yhese observations are, Yhey don't enoble us Yo
choose helween o) ond b) ; so lef us srark
aVresh.

'nnere S G sma“es} no\‘uro&\ hum\oer. Exdus:on
o? Yhe lower bound -as in k) ond d)= {’orces
{?crr o 3u\osequenc:e S}‘Qr‘)'ing o} the synalles} naturl
number the lower bound as menhbimed inte Yhe
realm o{-) +he Umno&ura\ numbers. That s “5‘33
S0 r Yhe lower bound we Fre@f- < as m
&) ond <). Consider now the subsequences
s‘ro\r\'ina o} Hre swallest nalural number: in-
clusion oJ‘? the wpper bound would then {)orce
Yhe \otker Yo he urmnoraral b:j the Yime Yhe se-
quence has s\vrunk —\o e emp\:j one. That s
u‘_fj\fj-. So €or ¥he uFPer Yound we \ore?er < as
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in o.) and d) . We Can\ude Pat c:cmven}lon Q)
is Yo e ?re{)erre.cl.

/\'?emar\t.. “The Pro ro\mmina \Gn&m&e Mesa s deve\-
opec\ at Xerox "YARC, has s]oec'\a] norations ?:’r
‘m¥ervq\s o? ‘m}esers m a\\ rour‘ conven)i'ncms. Ex-
tensive exPer'nence w'.)r\w MQSQ. “\as shown Hhal %e
wse o? Yhe other Yhree convenlioms has been a
COYIS}'Q\"\} Sounree o c\wms‘mess o\ncl m'\s\ro.kes,
and on account o? Phat exper‘nence Mesa pro-
3r9mmers are now 5\'r<m3l advised nol Yo .3
the \cﬂ-\er 'Hmree Ovo\'s\c\\b\e. ec}ures. 1 ‘men}icm Yhis
experimen}a\ evidence —for w\wa\' i} s wor}\ﬁ—-
because some \oeo‘:\e ?ee uncombforialle with con-
c\usions )r\'\q)r \-mv!a Y\o} \aeeh cor Yirmed in \orocn

Yice. (End o?/\\)ernar\()
%

»*
. -

When dealing with a sequence o? \en9¥-\—\ N
+the e\emeh}s o bo»\‘\c\n we wis\n }0 O\ishnsu.is\'\
b:j Su\95crip\‘, -Hwe Ylex¥‘ ve.x‘ma ques}ion 1S w\mq}
subscript value do assign Jo©its s\-ar}nla ele-
menh. gdherina o convenhon o) Uie\cis,w\')ewn
5\or\—ina with su\oscri]':)f 1, Yhe Scﬂ:scrip} ronoe
1 ¢ < N+ s\-ar\-ma with O , howeuer, gives Yhe
nicer Yange 0s¢c< N . So le} us le} our or-
c\ina\s s)’ar\" o} 2ero : an e‘emen}\s orci‘mcx\ (Su\a-
s:riF}-) e.quc.\\s )'\')e number 0? Q\Qmen\s recec\'ms
i} Yhe sSequence. And “ﬁe. rmoral QF e S\‘OB
is that we had beber regard -—a%er all those

Cen\uries\.— 2ero as oo mos‘ no urcx\ hum\oer.

(Remc\rl(_ Man (g rO\mmir\S \ovn L OOes \qave \oeen
desi ned w'\“’%u ue O\A‘%‘en¥’10h3¥o \?4\'-5 de‘ro\‘.\.'lh
FORTRAN , subscriph alwoys stort at A 5 in AL
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GoL 60 and in PASCAHL | convention <) has
been c«dop‘recl; the more recent SASL has ?o\—
\EH ‘Oe.ck on the TFORTRAN ccrnver)}"atSh: o Sequence
in SASL is a} Yhe same Fime a Punclion on the

Posﬂr‘.ve m}e&ers. f?l\‘b\ CEncl o? Qmar\&.B
* *
*

The above \’)as heen )triage.red \33 o recen¥ 'mciden\‘,
when, in an emohonal oulburst, one o? muy ‘mathe-
hnq}-ica\ C.o“e.a WeS 0.3- »ne Umversi\-:) —‘nca
’Pu_)nns sc'nenﬁs"-— accused a num\oer o? 30um3er‘
Ccrm)ou"'m seien\'is\'s OF "Pedo.nhjk becquse ~GS
-'“163 do Y }\o\o'u]'-— -“we:j s\-or\ec\ numberin at
2ero. '\'*\e '}ook Cc:nsc‘\ouslg cho‘:\'m Hw_ hno';? S%s‘.\:\e
Cohve'n}'mn as O )DTOVOCQ\“-on. (% S0 'n\e ”End o-?.. "
convenlon s viewed as provocative ; bul the conven.
Yion 15 useg,«\-. ’S. \(noao oégc\ s\uc\emY w\fto &\mos\‘
@x.\ed oF an examinakon by Fhe Yacit assum plion
dhat the ques\-'nms ended o} the bottom oP Yhe P‘us\-
Fa ) '—I n‘t'm\t gn}onj Jo:j S r'ﬁh} w\nen \ne.
sbs: ”Ih Corpora\e re\‘ls'nons Gs M o\‘\ﬂefs, Yhe
heretic must be cast oul naol because o? ‘e

"Obab"\i\’ thal he is wrong bu\" because o?
he ossi Nty Fhat he s right. "
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